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Sharp quantitative estimates for Struwe’s decomposition

Suppose u ∈ D1,2(Rn). In a fundamental paper in 1984, Struwe proved that if ||∆u+u
2n
n−2 ||H−1 := Γ(u)→ 0 then δ(u)→ 0,

where δ(u) denotes the D1,2(Rn)-distance of u from the manifold of sums of Talenti bubbles, i.e.

δ(u) := inf
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λ1,··· ,λν>0
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In 2019, Figalli and Glaudo obtained the first quantitative version of Struwe’s decomposition in lower dimensions, namely
δ(u) . Γ(u) when 3 ≤ n ≤ 5. In this talk, I will present the following quantitative estimates of Struwe’s decomposition in
higher dimensions:

δ(u) ≤ C

{
Γ(u) |log Γ(u)|

1
2 if n = 6,

|Γ(u)|
n+2

2(n−2) if n ≥ 7.

Furthermore, we show that this inequality is sharp. (Joint work with B. Deng and L. Sun.)
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